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By Proposition 9, Chap. III, § 3 of [2] wehaveu*(1) — p*(f*) =p*1 - f*) >0
and therefore u(f) < pu*(f*) + = (f7) < p™(1) + p7(1) = |p|. This is a contra-
diction.

(ii) If f(a) > 1 then p=(1 — f7) = u~(1) — p=(f~) > 0 and we obtain a contra-
diction similarly as in the preceding case.

Proof of Theorem. (i) First we shall prove that if u e M(<0, 1)) and S(u*) =
= S(u") = 0, 1), then v and (4,) from the statement of Theorem do not exist.
Suppose on the contrary that g, v, (4,) with the properties mentioned above are given.
For a sufficiently large n we obtain easily that

S((p + A4,v)*) 0 and S((x + 4v)7) £ 0.

By Proposition, S((uz + 4,v)*) n S((u + 4,v)7) = @ and therefore there exists an
open interval I < <0, 1) such that I n S((x + 4,v)*) =0 and I n S((x + 4,v)7) =
= 0. Let f € C(<0, 1)) be a function with its support in I. If k # n, then

V) ) () =+ ) () + (e = A W) = (e = 2) W)

Since (u + 4,v) (f) = w(f) + A, v(f) = 0 we have W(f) = —u(f)/4,. Thus we obtain
from (1) (u + A4v)(f) = 4, '(4, — &) u(f). Therefore we have S((u + 4v)*) N
N1 =S(p+ A4v)")nI =1 and this is a contradiction with Proposition.

(i) We shall prove that the set

A = M(0, 1))\ {ue M(<0, 1>); S(u*) = S(u™) = <0, 1>}
is a set of the first category in M(<0, 1)). In fact,

A= U{A45 vAy; r<sand r,s are rational} ,

where A, and A/, are the sets of all measures ue M(<0, 1)) for which S(u*) N

+

N (r,s) =0 and S(u~) N (r,s) = O, respectively. The sets A, A, are obviously
closed nowhere dense subsets of M({0, 1)). Theorem is proved.
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