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parallel to the coordinate axes. Choose x°e A(x, X \K)n (X\D). Applying
Proposition 8, there is y° € A(x, X \ K) such that

0 .
Y41 < MINXp4q .
xeD

Again by Proposition 8, B = A(y°, X) < A(x, X \K).

17. Proposition. Let E be a compact subset of X. If E is convex (or more generally,
if the set {x € E; x,4, = c} is convex for each c € R) then r(E) = r(E*) = E.

Proof. Consider x° e X \E and let P be an arbitrary line which contains x°,
Pc {xeX; X,41 = Xg4}. Consider A(x°, X \E) and denote by P, the half-line
starting from x° for which P; n E = 0. Then according to Proposition 8, P, <
c A(x°, X \E), i.e. A(x°, X\E) is unbounded. This means x°¢ r(E). Thus we
have r(E) = E. Obviously E = r(E). Analogously we can show that r(E*) < E.
Further, if x° eint E, then int E is closed and open — hence also finely open — in
X \E* By [2] int E is an absorbent set in X \ E*. Hence 4 (x° X \E*) < int E,
ie. A(x° X \ E*) is bounded and x° e r(E*). Simultaneously E* = r(E*) and this
completes the proof.
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