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10. Disledek. Je-li Ae &, S =1 — A, pak L, i Lg je uzavieny konvexni kuZel.
Toto tvrzeni ihned plyne z vét 9, 6 a 2.

11. Oznaleni. Bud U = {L,: A€ o,}. Dale pti L, e A kladme L; = Lg, kde
S=1I1-A. '

12. Véta. Trojice (U, =, 1) je uspofddand mnozina s ortogonalitou.

Ditkaz. a) Bud L, e U, L = L. Pak Ly = L, v dusledku platnosti véty 9.

b) Necht L,,,L,, e, L,, = L,,. Bud L, = Lg,, L;, = Lg,. Je-li y € Lg,, podle
nerovnosti (6) pro viechna z e L, plati Re(z — 0, y) < 0, coZ tedy plati téZ pro
vSechna z € L,,. JelikoZnavicy = 0 + y a0 € L,,, podle dsledku 4 je y € Lg,. Tedy
Ls, < Lg,.

¢) Pro viechna L, e AplatiL, ¢ L= L;, Ly = L= L;. Nech{ L, = Ly, L; = Ly,
kde LpeU.Je-lixeL= L;,je x = Ax + Sx,kde S =1 — A. Pfitom Axe L, < Ly
Sxe Ly = Ly, tedy x = Ax + Sx € Ly. Existuje proto sup (L,, Lj) a plati
sup (Ly, Ly) = L= L,.
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Summary

GENERALIZATION OF THE NOTION OF THE PROJECTOR

JAN HAVRDA, Praha

In the paper, the notion of a projector on a linear space L with the scalar product
(-».) (and the induced norm |.||) is generalized. The set which is projected upon is
a nonvoid closed convex set.

If A : L— Lis such an idempotent operator that for all x;, x, € Lthe inequality (1)
holds, then L, = {4x : x € L} is a nonvoid convex closed set and for all x, € Land
z € L, the inequality (2) holds. Ax, is the only point in L, to satisfy the inequality (2)
for every z € L,. Furthermore, every x € Lcan be expressed uniquely by (4) so that for
all z € L, the inequality (5) holds. If S = I — A, where I is the identity operator, then
Lg = {Sx : x € L} is a convex cone. If L, is a compact set then Lg = L.

Let o7, stand for the family of all idempotent operators 4 : L — Lsuch that for
all x,, x, € Lthe inequality (1) holds and for all x e Land 4 2 0 the formula 4Aix =
= AAx is satisfied. Then the implication 4 € &/, = Se &/, holds. In this case,
L, and Lg are closed convex cones. Let U be the set {L, : 4 € &/,} and let us denote:
L; = Lg. Then (%, <, 1) is a poset with orthogonality.
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